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Mapdywyog

Fewuetpikn  epunveio: H mapaywyog pag cuvaptmong f oe éva onpelo xo Selyvel
mooo “amétopa” aAAGlel 1 ovvaptnon ekel. FewUeTPIKA, ek@palel TNV KAlon NG
EQATITOUEVNG EVOELNG TNG YPUPIKNG TTapAcTAOoNS 6TO onpeio (Xo,f(Xo).

duowkn_gpunveia: Xt dvowkn, N Tapdywyos Selxvel to pvBUo petaBoAng evog
Hey€Boug wg pog éva dAo. I Tapadetypa: Av x(t) eivat n B€om evdg cwUATOC, TOTE
1 TAPAYwYOo§ TG B£0MG WG PO Tov Xpdvo elval 1) TaXUTNTA TOV OWHATOS, SNAxdN
mo00 aAAaleL ) B€on ava povada ypdovou.

0pLoUOG TTAPAYWYOU

H mapdywyog tng f oo onpeio xo opileTal wg To 6pLO:

f'(@p) = lim Ay _ gy, F@) = f(20)

Ar—) Ar Ty I — &y

Av 1o 6plo auTto vtdpyel Ape 6TLT f elval Tapaywylioun oto onpueio Xo.

ZuuBoAlopol TNC TPy Wyou

H mapdaywyog pmopel va ypa@Tel pe S1d@opoug loodVVaoVS TPOTIOUG:

dy dy
i Py f i R
flz),  flza) ¥, de’ dzx

L=
f'(x) = Eivat o o ouvnBiopévog tpdmog ypa@rg.
f'(x0) = Aseiyvel v T TG TAPAYWDYOL GTO GNUEIO Xo.

y' = Xpnowomoteitat dtav n ovuvaptnon divetat we y=f(x).

d
d—z - Iapdywyog Tov y wg TPog To X. AelXVeL pnTA OTL 1| TAPAYWYOSG TAIPVETAL WG

TPOG TO X.

d
d_Z|x=XO—>T] TAPAYWYOG TOV Y WG TPOG TO X, UTOAOYLOUEV OTO X MNSEV. AnAwvel

OUYKEKPLUEVO OMUEIO VTTOAOYLOUOV.
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® Bao1kol TUTIOL TTap Ay WY WV

1. Tapaywyog otabeprng ouvapTnong
Av f(x)=c, 6Tov c eivat otaBepds apBuodg, Tote:

flz)=0
2. Tapdaywyog g ouvaptnong f(x)=x
fllz)=1
3. TMapdywyog SUvaung Tov X
Av f(x)=xn, T161E:

f'(@) = "
4. Tlapaywyog ekBETIKNG oLUVAPTNONG
(e =
(a*) = a*Ilna

5. Mapdywyog AoyaplOuikng cuvapTnong

|
(Inz) = —

T
6. Tapaywyol TPLYWVOUETPLKWV CUVAPTICEWV

(sinz) = cosz
(cosz) = —sinz

1

ok
— — 1+ tan"=x
cos=

(tanz) =

7. TMapdywyol avTioTPO@®V TPLYWVOUETPIKWY CUVAPTICEWV

1
[:HJ'CHiIlIf}F = ——
v1—a?
1
f
arccos T = ——
(axccosz) =
1
(arctanz)’ =

14 a2
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1. Kavovag otabepov moAlamiaciov
Av f(x)=c g(x), Tote:

f;(fi) = 691(3')

Mapadetypa:

Na Bpebeln mapdywyog ¢ f(x)=5x3
F(x)=(5x3)'=5(x3)'=5-3-x2

2. Kavévag abpoiopatog 1) Sta@opdg
Av f(x)=g(x)*+h(x), tote:

f'(z) = g'(z) £ b(z)

[Mapadetypa:
Na Bpebeln mapdywyog ¢ f(x)=x3+2x2—5x+7
f'(x)=(x34+2x2—5x+7)'=(x3)"+(2x2)'—(5x)'+(7)’
=(x3)'+2(x?)'-5(x)"+(7)'=3x24+2-2-x-5-14+0

=f (x)=3x2+4x-5

3. Kavovag ywopévou
Av f(x)=g(x)-h(x), tote:

Mapdaderypa: f'(z) = ¢'() h(z) + g(z) '(2)

Na Bpebei n mapaywyog ¢ f(x)=x2sinx
f'(x)=(x2sinx)'= (x2)"-(sinx)+ (x2)-(sinx)’

=f'(x) =2x-sinx+x2-cosx

4. Kavovag mmAikov
gx

Av f(x) =@ , TOTE:
f )
g'(z)h(z) — g(z)h'(x)
ff(£] };1 = } [
[h(x)]
[Mapaderypa:
, , x2+1
Na Bpebein mapdywyog g f(x)= 1

, X241y, [(x241)'(x—-1)+(x%+1)(x—1)"]
f(X)=(X_1) - (X_1)2




[2x2—-2x-x?—1] x%*-2x-1

2= — -1y
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5. Kavovag aivoidag (cvvBetn ouvaptmon)

Av f(x)=g(h(x)), tote:

[Mapaderypa

f'(z) = g (h(z)) - K (z)

Av f(x)=(3x+2)* tdte pe Tov Kavova aivoidag:

f'(x)=((3x+2)%)"= 4(3x+2)3-(3x+2)"
=f'(x)= 4(3x+2)3:(3)
=f(x)= 12(3x+2)3

Acinon

di
Na uvmohoyioOei n mapoywyog d_y
T

NG CUVAPTNONG

AYon

dy  d(Vz + Vx)

dx dx

_ AR )
dzx dx

N d(.‘ﬂl-’ﬁ] ; d(ml;’.’i}
dx dx
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dy 1 54
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1
dx 3 5

y=ve+ve



Aoxnon
dy
MNa fpeBzel n mapaywyog e
b

NG CUVOPTNONG
1. 4 =8mAy

2. y—sin’z

Avon

i)Nay = sin 2z:

dy  d(sin2z)

dx

i) Nacy = sin®

— 2sing -

dy d(sin” z)

d(sin x)

— cos 2T - d(E:j:] — 2cos2x
dz
_d((sin z)?)
dzr dx

— 2sinzcose — sin 2x

dax
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Agvtepn Mapaywyog

d
Av pa cuvaptnon y=f(x) eivat mapaywyion kot n mapdywyog tnv d—z elvat ettiong

Tapaywylown, Tote opiletaln Sevtepn mapdywyos ¢ f wg:
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H 8evtepn mapaywyos ek@pdlel tov puBud petafoAng NG MPWTNG TAPAYWYOU.
AnAady), Seiyvel Tws aAAdlel  TaxLTNTA LETABOANG TNG CUVAPTNOTS.

Aoxnon

Na Bpebel 1 SeVtepn apdywyogs TG cuvapTnong y=2Inx
Avon

Bipa 1: llpwm mapaywyog

dy d(2lnz) 5 d(ln x)

dr dz dz
dz T T

Brjua 2: Agtepn mapaywyog

I r 7 14 dy
Twpa mapaywyifovpe Eavd To amotéAeopa i

dr? dx dx
d’y ; 2
ikl [, T ey (DR
dr? (== a2

Apa
d? 2



